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ABSTRACT

Integral concept is an important concept of calculus. The understanding
the thought of the integral was split; the concepts such as "partition”,
“sum” and “limit switch” contributed to the understanding meanings of
this concept. But according to the current curriculum of Vietnam, the
secondary school students have not known them. By analyzing the integral
concept in James Stewart's Calculus textbooks (seventh edition), we
proposed a lesson plan to teach ideas of integral defined as the limit of a
Riemann sums through presenting a situation of calculating curved
trapezoidal area for secondary school students. This study may contribute
little to make reference to develop new curriculum and textbooks after
2015. We carried out a experimental teaching with Grade 11 students in
Tay Do secondary school, Hau Giang province. The experimental sessions
were held at the end of academic year of Grade 11 after students had
completed the limit chapter. After the experimental teaching, the results
showed that secondary school’s students could acquire this idea.

TOM TAT

Khdi niém tich phdn la mét khdi niém quan trong ciia Gidi tich. Viéc hiéu
tw twong chinh cua tich phan lai la chia nho; cac khai niém nhw “phdn
hoach”, “tinh tong” va “chuyén qua gidi han” gép phan hiéu ré nghia
ciia khdi niém nay. Nhung theo chirong trinh hién hanh, diéu nay da khong
diege hoc sinh trung hoc phé thong Viét Nam biét dén. Qua viéc phan tich
khati niém tich phan trong gido trinh Calculus cua James Stewart (phién
ban 7), chiing t6i dé xudt mét gido dn day hoc tw tuwong tich phdn xdc dinh
nhu la gidi han ciia mét tong Riemann thong qua day hoc tinh huéng tinh
dién tich hinh thang cong cho hoc sinh trung hoc phé théng Viét Nam.
Nghién ciru nay c6 thé gép mét phan nhé dé lam tham khdo cho viéc xdy
dung chuong trinh va cac sach giao khoa (SGK) moi sau nam 2015. Tac
gid da day thire nghiém véi doi twong hoc sinh 16p 11 tai truong trung hoc
pho thong Tay P6, tinh Hau Giang. Bubi thwc nghiém dwoc t6 chirc vao
cudi nam 16p 11, sau khi hoc sinh hoc xong chwong Giéi han. Két qud sau
khi day thuc nghiém gido dn, cho thdy, hoc sinh trung hoc phé théng c6
thé tiép thu dwoc tw twong nay.
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_1 GIOI THIEU GIAO TRINH CALCULUS
CUA MY

Tén gido trinh: “Calculus early transcendentals”
(tai ban lan thir 7) cua tac gia James Stewart, Dai
hoc McMaster va Dai hoc Toronto (My). Gido
trinh nay dugc dung cho sinh vién nim nhét cac
truong Pai hoc My va mot s6 truong Dai hoc gidng
day bang tiéng Anh & Viét Nam nhu Pai hoc Hoa
Sen, Pai hoc FPT,...

Téac gia James Stewart dit ra muc tiéu cua cudn
gi4o trinh nay 1a truyén dat cho hoc sinh y thuc vé
cac loi ich cua giai tich va phat trién cac nang Iyc.
Trong phién ban thir bay nay, tic gia nhan manh
trong tam la dat duoc sy hiéu biét vé& khai niém.
Cubn sach chira dung cic yéu td cua cai cach,
nhung trong bdi canh ciia mot chuong trinh giang
day truyén thong. Bén canh d6, gido trinh ciing
trinh bay mé hinh toan hoc rat hiru ich va cu thé
gitip chung ta hinh dung dwgc mét quy trinh giai
quyét mot van d& nay sinh trong thé giéi thuc cua
chung ta véi sy giup ich déac biét cta toan hoc.

Gido trinh Calculus (phién ban 7) dugc chung
t0i chon d lua chon cac van dé nay sinh khai niém
trong lich sir toan hoc dé gidi thiéu khai niém. Vi
vay, chung t6i gioi thiéu nghién ctru cia minh bang
cach xac dinh céc y nghia, kiéu nhiém vu trong
gi4o trinh nay lam tham chiéu dé xay dung va thuc
nghiém mét gido an day hoc thir tu tuong tich
phan. Ngoai ra, cic kién thirc giai tich dé cap trong
gi4o trinh rit gan véi nhimg noi dung dugc giang
day & phd thong Viét Nam. Phaén tich gido trinh
gitp chung toi hiéu 15 hon vé khai niém dang xét
va diéu chinh kién thirc ctia chinh minh.

Phan tich gido trinh, ching t6i nhan thdy gém
¢6 3 kiéu nhiém vu chinh: T;: Tinh gﬁn dang dién
tich, To: Tinh gan ding quing duong, Ts: Tinh
chinh xac gia trj tich phan bang dinh nghia. Thing
ké duoc kiéu nhiém vu Ty: Tinh gén dang dién tich
“hinh cong™: 23/82 téng s6 vi du va bai tap, kiéu
nhiém vu Ty Tinh gén dung quang dudng chiém
7/82 tong s vi du va bai tap, kiéu nhiém vu T3
Tinh chinh xac tich phan bing dinh nghia chiém
13/82 tbng s6 vi du va bai tap.

2 TIEP CAN TiCH PHAN QUA BAI
TOAN TiNH DIEN TiCH

2.1 Tiép can dién tich tir phwong dién s6 do
dién tich

Sau day la mot s6 minh chimng trich dan tir Gido
trinh Calculus cia My (Cac phan in nghiéng) [5].
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Chwong 5, trang 360, gido trinh bit diu bang mot
tinh hudng c6 van de: bai toan tim dién tich c6 mot
gi6i han boi d6 thi ctia ham so f(x):

Tim dién tich cia mién S ndm dudi dudng cong
tir a dén b. C6 nghia 1a S, minh hoa & Hinh 1, dugc
gidi han bdi dd thi cia mot ham lién tuc f duong
thang x = a, x = b va truc hoanh.

Bai todn nay mod dau cho sy lién hé giita dién
tich cua mot hinh thang cong véi tich phén xac
dinh. Dé tinh dién tich ciia mot mién voi cac mit
bén la duong cong thi khong dé dang gi. Nhu vay,
day 1a mot tinh hudng c6 van dé.

T1ep dén, gido trinh dua ra vi du 1 ¢ trang 360,
budc dau hinh thanh dinh nghia dién tich gioi han
boi duong cong da cho.

Vi du 1. Dung céc hinh chir nhat dé' udc hrqr}g
dién tich nam dudi parabol tir 0 den 1 (mién
parabol S minh hoa trong Hinh 2).

¥

Hinh 1: Hinh thang cong

¥

m

Hinh 2: Dién tich mién S
Vi du ¢6 cac bude giai nhu sau:
Chia S thanh 4 phan §,S,,S,va S, boi vé cac

duong thing x:%,x:% va x:%, ta dugc cac doan

o o3 {233
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Re 13 ~ ne A , A A 1
Moi hinh chit nhat déu co6 chiéu rong la 2 va

2
Ej ,va .
4

. 12 (132
cacchiéucaola |—| ,|= ]|,
4)\2

Tai cac diém dau mut bén phai cia moi doan
con, ta tinh tong cac dién tich ctia cac hinh chir

nhat xap xi, ta c6:
2 2 2
P 1 O - A
414 412 4\ 4 4 32

Tai cac diém dau mat bén trai cia mdi doan
con, tong cac di¢n tich cua cac hinh chir nhat xap

xila
2 2 2
S~ 2L I L B O I R )
4 4\ 4 4\ 2 4\ 4

Ta thdy rang dién tich cta S thi 16n hon L, va

=0.46875.

7

Ly =—=0.21875.
32

nho hon R, vi thé ta c6 udc luong trén va dudi

cho A: 0.21875< A< 0.46875.

Khi ting s6 hinh chit nhat 1én 50, 1000 thi dién
tich cua S wdc lugng ngay cang chinh xac hon vai
cac diém ddu mat phai va dau mut trai.

Nhu vay, gido trinh gidi thiéu cach udc luwong
dién tich ctua hinh cin tim bang cach tim hai
khoang udc lugng trén va udc lugng dudi trong
mot vi du cu thé. Vi sb lwong hinh chit nhat lon ta
s& thu hep khoang wdc luong dién tich cta hinh can
tim. Udc luwong béng can trén va can dudi cho ta
biét mot do chinh xac: néu chon mot gia tri bat ki
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trong doan [cén dudi, can trén] lam gia tri gén
ding cho dién tich can tim thi d§ chinh xac cta no
la € = cén trén — can dudi.

2.2 Pinh nghia dién tich

Chuong 5, bai 5.2, trang 365, tir cac hoat dong
mo dau, giéo trinh dua ra dinh nghia dién tich cua
mién S bang cach tinh gidi han cia tong dién tich
céc hinh chir nhat f(x;)Ax.

Dién tich A ciia mién S nidm duéi dd thi cua
ham s6 lién tuc f1a gi6i han cua téng cac dién tich
ctia cac hinh chit nhat x4p xi:

A= lim R, =

n—oo

Bai 5.2, trang 365, gi¢i han nay khong doi khi
ta 1dy mot gid tri x bat ki trong mdi doan Ax dé tinh
f(x):

nli_r;rl)[f(x1)Ax+ f(x2)AX+...+ f(xn)Ax}

That vdy, thay vi ldy hai dau mut, ta co thé liy
d6 cao cua hinh chir nhat thir i € lay gia tri cia f &

bt ki s6 X, nao trong doan thir i [XH,X,»] . Ta goi
nhimg 8 X;,X,...,X, 1 nhing diém dai dién.
Hinh 3 chi ra nhitng hinh chit nhat xap xi khi
nhiing diém dai dién khong dwoc chon 1a cac dau
mut. Vi the mét bicu dien thong thuong cho dién
tich cta S 1a

A= lim |:f(xr)Ax+f(x;)Aer...Jrf(x:)Ax}.

n—>0

(4]

YA
. Ax
=T7] | ™
l e | i I l\\\k
| I 1]} |
L A [
| I 1R RERLLT R I
| I I I | I | | I
| | [ | | I | | |
| 1 [ | | I | | I
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Hinh 3: Dién tich hinh thang cong dugc chia béi cac hinh chir nhat

Nhu viy, tr mot hoat dong tiép can, tac gia
nhén xét rang viéc tinh dién tich cla hinh gidi han

bdi cac duong cong y=f(x),y=0,x=a,x=b

c6 thé sir dung cac diém dai dién 1a diém dau mut
bén phai, diém dau mut bén trai hodc diém bat ki
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trong mdi doan phan hoach dé 1am chiéu cao
f (X,) cua hinh chit nhat.

Chuong 5, bai 5.2, trang 378, gido trinh dua
vao quy tac trung diém dé tinh gan dang tich phan:
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u tic trun, diém
y g

n
I x)dx~ » f(X)Ax= Ax x1)+...+f(7,,)} trong do
a i=1
Ax:% va 7,-:—;(x,-_1+x,-): trung diém coa

[11’/]

¢} day, ta thidy mot tong Riemann 1a mot phép
tinh xdp xi ciia mot tich phan, viéc tinh gan dung
dién tich dé dang tinh todn hon khi ta chon cac
diém dai dién cua mdi doan con 13 cac trung diém.
Ta st dung quy tic trung diém dé tinh gan ding
tich phan thi hiéu qua cao hon so véi ding dau mut
trai va dau mut phai.

Chuong 5, bai 5.2, trang 378, vi du 5 da lam ro
cho quy tic trung diém da noi & trén:

Vi du 5. Ding quy tic trung diém voi n="5 dé
2
tinh x4p xi I—7 dx.
X
1
Gido trinh gidi vi du trén nhu sau:

Cac diém d?lq mut cua 5 dovan lal, 1;2, 1.4, 1.‘6,
1.8, va 2.0, vi thé cac trung diém ctia moi doan 1€1~n
lugt 1a 1.1, 1.3, 1.5, 1.7, va 1.9. B¢ rong cua moi

doan la Ax=(2- 1)/5:%_ , ap dung quy tic trung

diém, ta co:

I—;dx=Ax[f(1.1)+ F(1.3)+ f(1.5)+ F(1.7)+ £(1.9)]

Viée tinh chinh xéac dién tich bang dinh nghia
thuong kho tiép can boi vi phai tinh mot tong vo
han thong qua khai niém gidi han. Dé hiéu tu
tuong nay, cac vi du trong gido trinh thuong di
kém v&i viée tinh gan ding tich phan véi sb phan
hoach gidi han. Khi tinh gén dang, viéc chon céc
gia tri X 1 trung diém cua cac phan hoach cho két
qué chinh x4c hon viéc chon cac diu mat cia phan
hoach.

3 NGHIEN CUU THU'C NGHIEM

— Chung t6i phén tich khai niém tich phan
trong Gido trinh Caculus cua My (phién ban 7) va
dé nghi mot gido 4n day hoc tu twdng tich phan
theo quy trinh: “phan hoach”, “tinh tong” va
“chuyén qua gi6i han” thong qua tinh hubng tinh
dién tich hinh thang cong bang quy tic trung diém.
Gi4o 4n dé ra myc tiéu 1 gitp hoc sinh hiéu tong
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dién tich céc hinh chit nhat cang gén dién tich hinh
cong khi sb hinh chit nhat ngay cang ting 1én va
dién tich hinh cong chinh 14 gii han cia tong nay.
Qua @6, gitp hoc sinh hiéu duge nghia cta ki hiéu
tich phan '[

— Thir nghi¢m sw pham: Xay dung va thu
nghiém mot gido an day hoc tu tudng tich phan
thong qua tinh hudng tinh dién tich hinh thang
cong voi cac hoat dong day hoc cho hoc sinh trung
hoc phé thong Viét Nam. bPéi tugng day thuc
nghiém 1a hoc sinh 16p 11, ching toi chon ddi
tuong nay vi cac em vua hoc xong chuong Gidi
han. Chiing t6i mudn khao sat xem hoc sinh trung
hoc phd thong Viét Nam cé tiép thu dwoc tu twong
tich phan hay khong, gop phan viét chuong trinh va
sach gido khoa méi ciia nudc ta hién nay.

3.1 Giéi thiéu giao an

Chung t6i chia 16p thanh 9 nhém, mdi nhém tir
3 — 4 hoc sinh dé thyc hién cac hoat dong day hoc
ma gido vién giao cho. Trong khuon kho bai bao,
chung t6i chi trinh bay tdm gon gido an day hoc
qua 5 hoat dong day hoc sau:

Hoat dong 1
Cho hinh vé :

—

Hinh 4: Hinh ghép béi cac hinh chir nhat

Cac em hdy néu cach tinh dién tich cua
hinh trén.

Mouc tiéu ¢ hoat dong 1:

Hinh 4 minh hoa mét hinh dugc ghép bdi cac
hinh chit nhat, ching t6i huéng hoc sinh dén cach
tinh dién tich bz"mg cach chia dién tich thanh cac
hinh chir nhat. Chung t6i dat hoc sinh vao mét tinh
huéng goi van d& - tinh dién tich cia mot hinh
ghép tir cac hinh chit nhat. Tinh hudng nay tao
thuan loi cho chién luge chia hinh ghép thanh
nhitng hinh nho hon nhu hinh chit nhét, tam giac
ma ta da biét cong thirc tinh dién tich.

Du kién tong két ciia gido vién:

Qua bai toan trén, ta thdy c6 nhiéu cach khac
nhau d¢ tinh dién tich cta hinh da cho. Nhung cach
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cic em dé& thuc hién nhat d6 1a chia dién tich hinh
da cho thanh cac hinh chir nhét, tinh dién tich cua
ting hinh chit nhat d6 rdi cong cac dién tich lai véi
nhau, ta duoc dién tich cta hinh can tim.

Hoat dong 2

Gi4o vién chiéu 1én bang phuong trinh va db thi

cua parabol (P): (hinh minh hoa bén dudi).
C6 thé tinh chinh xé4c dién tich hinh thang cong
ABCD hay khong? Giai thich cau tra 161 ciia nhom.
i

3 —(z—2)? +3

of] T A el
Hinh 5: Dién tich hinh cong ABCD

Hinh 5 minh hoa dién tich hinh thang cong
dugc gidi han boi do thi cua pa{abol c6 phuong
trinh , truc hoanh va hai duong thang

Mouc tiéu hoat dong 2:

Chung t6i dat hoc sinh vao mdt tinh hubng phai
tinh gan dung dién tich cta hinh. Tir chién lugc
chia thanh cac hinh nhé quen thudc ¢ hoat dong 1.
Trong hoat dong nay, chung t6i s€ xem xét tu
tuong chia nhd dién tich hinh cong thanh cac hinh
quen thudc co xuét hién hay khong va nhu thé nao
(néu xudt hién). Tir viée du kién su xudt hién cua
chién luge phan hoach trong hoat dong nay, giao
vién s& tong két thanh budc quan trong dé tinh gan
dang tich phan.

Du kien tong ket cua gido vién:

Ta thay hinh thang cong ABCD chua biét cach
tinh chinh xac dién tich hinh thang cong ABCD
nhung chung ta c6 thé chia hinh thanh cac hinh nho
hon da biét cach tinh dién tich. Do 6, chung ta s&
tim cach tinh gan dung dién tich ciia hinh thang
cong nay.

Hoat dong 3

Cho phuong trinh cua Parabol (P): va dd thi

(hinh minh hoa bén dudi) véi cau hoi:
Hay tinh gan ding dién tich ABCD. (Luu ¥:
trinh bay rd céach tinh ctia nhom).
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Hinh 6 minh hoa hinh thang cong dugc gidi han

boi dd thi cta parabol c6 phuong trinh |, truc hoanh
va hai duong thang
')
34 y:—{:::—Z]i—l—S
A B
2 '1 l
/ ""
/ A1
1 Y \
1 !
i A
] L1
I o . c 1 . -
ol 1 z 3 L 4 5
] ]

Hinh 6: Hinh thang cong ABCD
Muc tiéu hoat dong 3:

Gitp HS hiéu dugc cach tinh gin dung dién
tich ctia hinh thang cong bang cach phan hoach
hinh thang cong thanh céc hinh chr nhat sau do
tinh tong cua chung.

Du kién tong két ciia gido vién:

O day, ching ta tinh gan dung bang cach v& cac
hinh chit nhit nim bén trong dién tich cia hinh
thang cong. Chia doan thanh cic doan bang nhau.
Bao nhiéu doan sé& trong tng véi s6 hinh chir nhat.
Téng dién tich ciia cac hinh chir nhat nay chinh la
dién tich gin dung can tim.

Luu ¥ v6i hoc sinh rang, chung ta c6 thé chia
dién tich cang nhiéu hinh chit nhat thi cang t6t. Khi
s6 hinh chir nhat ting 1én thi tong dién tich cua cac
hinh chit nhat tinh dugc s& ngay cang gan bang voi
dién tich chinh xac cua hinh thang cong ABCD.

Thuyét trinh quy tic trung diém va tu tuong
tich phan

Tac gia thuyét trinh cich tinh gan dung dién
tich cua hinh thang cong bang quy tic trung diém
va md ta khi so0 hinh chir nhat ngay cang ting thi
téng dién tich hinh chit nhat cang x4p xi dién tich
hinh cong bang powerpoint cho hoc sinh quan sat
(gi4o vién sé& vira thao tac vira giang). Tiép dén, tac
gia noi rang khi n tién ra vo han (nghia 1a s6 hinh
chit nhat ra v6 han), truong hop nay, téng cac hinh
chit nhat s€ c6 gidi han 1a dién tich). Cudi cung,
gido vién gidi thiéu ki hiéu tich phan

Muc tiéu o hoat dong 4.

Hinh thanh cho HS céch tinh gan dung dién tich
bang quy tic trung diém va hiéu dugc khi s lugng
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hinh chit nhat ngay cang ting thi tong dién tich cac
hinh chir nhat nay ngay cang xap xi dién tich hinh
thang cong. Do d6, tong dién tich cac hinh chit
nhét s€ cd gidi han la dién tich cua hinh thang
cong. Qua d6, HS hiéu dwoc ki hiéu tich phan

Dur kién nhitng gi gido vién sé tong két:

Chung t6i thuyét trinh cach tinh gﬁn dung dién
tich cua hinh thang cong bang quy tac trung diém
thong qua viée trinh chiéu powerpoint:

Hinh 7 minh hoa viéc tinh gén dting dién tich hinh
thang cong ABCD bang 2 hinh chir nhat. Ta sé& chia
doan thanh hai doan béng nhau. Poan thir nhét tir
1 dén 2, doan tht hai tir 2 dén 3. Vay do rong cua
mdi hinh chit nhat 1a 1.

Yi
| ) E-lz-2"+3
AT !
9 | ! F
i g : b
| | %
/ 1 I 1
1_ I 1 I \
I ] I A
] 1 1 "‘
I 1 1
I D 1 1 G 1 __
T T T L]
Ol 1232353 ' =
' 3 3 '

Hinh 7: Tinh gin diing vé6i 2 hinh chir nhat

Tiép dén, chung ta tim trung diém cua hai doan
vira chia. Trung diém doan thir nhit 13 trung diém
doan thtr hai 1a. Chiéu dai cia mdi hinh chit nhat
dugc tinh bang cach thé trung diém vira tim dwoc
vao phuong trinh ciia ham s6. Chiéu dai ciia mdi
hinh chit nhét chinh 1a gia tri ciia ham s6 tai trung
diém cua mdi doan con va chidu rong dwoc tinh
bang cach ldy diém cudi trir diém dau tuong tmg
voi mdi doan.

Chiéu dai hinh chir nhat th nhat 1a va chiéu
rong bang 1, chiéu rong duoc tinh bang cach liy
diém cudi trir diém dau coa mdi doan. Tim duoc
dién tich hinh chir nhat thir nhit s& bang. Tuong tu,
chiéu dai ctia hinh chit nhat thir hai 1a va chidu
rong béng 1. Vay dién tich hinh chir nhat thir hai
cling béng. Cong hai dién tich lai ta dugc dién tich
gan ding cua hinh can tim 1a

Tuong tw, ching t6i yéu cau HS tinh tong dién
tich ciia 4 hinh chit nhét theo quy tac trung diém
chung t6i d3 huong dan. HS tinh dugc dién tich
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gin ding cua hinh da cho véi 4 hinh chit nhat 1a
5.375 (Minh hoa & Hinh 4).

M5 ta khi s6 hinh chir nhat ngay cang ting thi
tong dién tich ctia cac hinh chit nhat ngay cang xap
xi dién tich hinh thang cong. HS quan sat sy thay
d6i ciia dién tich gan dung clia hinh thang cong khi
s6 hinh chir nhat thay déivéin=10,n=15,..,n=
50 va néi rang khi n tién ra vo tan thi dién tich gan
dung s& c6 gidi han la dién tich hinh thang cong.
Tiép dén, ching t61 s€ gioi thiéu dén HS ki hiéu

tich phan 1a tong v han ciia cac tich 1a dién tich
cua hinh chit nhat.
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Hinh 8: Tinh gin ding v6i 4 hinh chir nhat

Gia tri cta di¢n tich hinh thang cong ABCD la
5.33.

Ki hiéu nay ham chtra nghia trong chit Sum,
nghia 14 téng. Do chit cai dau S kéo dai ra. Do
chinh 1a ki hi€u cua tich phan. Cac em s€ hoc cach
tinh tich phan ¢ lop 12.

Dat duoc muc ti€u ban d4u 1a hoc sinh hiéu quy
tac trung diém, khi sé ‘hinh chir nhat ngay cang
tang lén thi dién tich gan ding s& ngay cang gan
bang dién tich hinh thang cong. Va khi n hinh chi
nhat tién ra vo tan thi tong dién tich cac hinh chir
nhét cd gidi han 1a dién tich hinh thang cong. Tac
gia gi6i thidu ki higu tich phén 1a tong ciia cac tich
chiéu dai va chiéu rong cta n hinh chir nhat.

Bai tap ca nhan cia hoc sinh

Cho A 1a dién tich ctia mién gi6i han béi dd thi
ctia ham s6 , truc hoanh va hai dudng thing . Ding
4 hinh chir nhat tinh gin ding dién tich (hinh v&
minh hoa).

Muc tiéu o hoat dong 5:

banh gia két qua ciia hoc sinh sau khi hoc cich
tinh gan ding dién tich cta hinh thang cong béng
quy tic trung diém.
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¥1 3.2 Két qua va ban luin

[ B

C

Hoat dong 1

Chung t6i phat ra cho hoc sinh c6 tong s phiéu
hoc’ tap 1a 9. Moi nhém hoc sinh duge nhédn 1
phiéu.

L]
n
o

y=0,1r% 41

Qua Béng 1, ching t6i nhan théy dat duoc muc
tiéu da de ra 1a hoc sinh chia hinh ghép thanh 3
hinh chﬁ’w nhét, tinh dién tich cua cac hinh nay, sau
b d6 tinh tong dién tich cta ching.

0 2 4 8 b 1T Hoat dong 2

Béang 2 cho thiy cdc em hoc sinh déu tra 1oi
Hinh 9: Bai tdp ca nhan cia hgc sinh hoat dong 2 1a khong tinh dugce dién tich cua hinh
thang cong ABCD.
Bang 1: Bang théng ké cu tri 1i ciia cac nhom ¢ hoat dong 1
Cac cau tra loi ctia Chia thanh 3 hinh chir nhat Dién tich hinh chir nhit lon 2

nhom rdi tinh tong trir cho dién tich bi mét Tong
Ti 1€ 8/9 1/9 9/9
Bing 2: Bang thong ké ciu tra 1i ciia cic nhém & hoat dong 2
Cau tri 1o Nhém tra 1oi khong tinh dwec dién tich Nhom tra 16i tinh dwoe )
ciia cde nhém chinh xac ciia hinh thang cong dién tich chinh xic cia Tong
Gidi thich duge  Khong gidi thich duwgc hinh thang cong
Tilé 3/9 6/9 0/9 9/9
Bang 3: Bing théng ké ciu tra 1oi ciia cac nhom ¢ hoat dong 3
Cau tra loi Khong tl’n‘h dwoc Tinh tong dién tich hinh Tinh dién tich Téng
ciia cic nhom  dién tich gan ding vudéng ABCD va hinh tam giac hinh vuéng ABCD
Tilg 1/9 6/9 2/9 9/9

cong. Chung t6i nhan thiy rang, tu tuong phan
hoach da xuat hién doi véi hoc sinh. Va ¢6 2 nhom
trong 9 nhom chi dung hinh quen thudc da bict

Chuing t6i dat (juqc muc tiéu‘() hoat dong 2 1a
hudéng hoc sinh dén céach tinh gan ding dién tich

hinh thang cong. CE:ICh tinh dién tich, cu thé 1a hinh vudng dé tinh
Hoat dong 3 gan dung.
,Qua ciu tra 161 cia 9 nhom duqc chung t6i Ngoa‘li’ ra, nhém 4, nhom con lai trong 9 nhom,
thong ké ¢ Bang 3, ¢6 6 nhom tinh gan dung dién khong biét tinh gan ding hinh thang cong ABCD,
tich bang cach tinh tong dién tich hinh vudng c6 thé vi cac em con la lam voi hinh thang cong

ABCD va hinh tam gidc AMB véi M thudc canh nén khong biét tinh nhu thé nao trong trudng
cong AB. Tinh dugc dién tich gan dung la 5. Cac hop nay.

em da st dung quan diém hinh hoc d3 hoc & cac 16p
dudi dé giai quyét bai toan 1a tinh dién tich ctia mot
hinh chit nhat va mot hinh tam giac dé giai. Cac em
chua biét dugc cach tinh gan ding dién tich bang
cach chia dién tich ctia hinh da cho thanh cac hinh
chir nhat.

Pat dugc muc tiéu ¢ hoat dong 3 1a da s6 hoc
sinh dd biét tinh gan dung dién tich hinh thang
cong bang cach tinh dién tich cac hinh nhd quen
thuoc nhu hinh vuong, hinh tam giac nim bén
trong dién tich. Vay tu twong phan hoach di xuat
hién d6i véi HS.

Gidng nhu mong doi cua ching t6i, da sé cac
nhoém giai bai toan, ding nhiéu hinh nhé quen
thudc nam bén trong hinh dé tinh gan dung hinh

Thuyét trinh quy tic trung diém va tu twong
tich phén cua gido vién
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Chung t6i huéng dan hoc sinh tinh gan dung
dién tich voi 2 hinh chit nhat twong tmg véi hai
doan dugc chia bang quy tac trung diém. Chicu dai
cua moi hinh chir nhét chinh 1a gia tri cua ham so

f (X) tai trung diém cua mdi doan duogc chia va

chiéu rong dugc tinh bang cach lay diém cuoi trir
diém dau tuong rng v4i moi doan con.

Tiép dén, ching t6i mo ta tu tuong tich phan
cho hoc sinh:

HS quan sat khi s6 hinh chit nhat ngay cang
tang thi tong dién tich cac hinh chir nhat s& xép xi
dién tich hinh cong. Tong nay c6 gi6i han 14 dién
tich chinh xac cta hinh thang cong khi n hinh chit
nhét tién ra vo tan.

Chting t6i tinh dugc dién tich chinh xac cua
hinh thang cong ABCD véi gia tri 1a 5.33 bang
cach tinh tich phan xac dinh.

3

3
Ta co: '[f(x)dxzﬂ—(x—3)2 +3}dx:5.33.
1 1

Gi4o vién noi rang, cac em co thé tinh dién tich
chinh x4c cua hinh thang cong bang cach lay gidi
han cta tong dién tich cac hinh chit nhat va cac em
s€ hoc cach tinh tich phan ¢ 16p 12. Sau do, gido
vién gidi thi¢u ky hiéu tich phan I la tong dién

tich cua cac hinh chit nhat. Ky hiéu nay duoc lay tir

Bing 4: Bing thong ké bai tip c4 nhén ciia hoc sinh
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chit cai S trong chit Sum, nghia 1a tong.

Chung t6i nhan thay rang, dat dugc myc tiéu da
dé ra 1a hoc sinh hiéu dugc quy tac trung diém va
khi s6 hinh chit nhat ting 1én thi tong dién tich cac
hinh chir nhat s& cang gan vai dién tich hinh thang
cong. Tong nay s& co gioi han 1a dién tich hinh
thang cong khi n s hinh chit nhat tién ra v6 tan va
hiéu dugc y nghia ctia ki higu tich phan.

Bai tip ca nhan cia hoc sinh

Cubi tiét day, chung toi phat phiéu diéu tra cho
hoc sinh nham tim hiéu quan niém va su hiéu biét
clia cic em vé ¥ nghia khai niém tich phan sau khi
da hoc xong khai ni€ém. Chung t6i thu dugc Kkét qua
nhu sau:

Téng sb phiéu phat ra: 35 phiéu.
S6 phiéu khong tra 16i: 0 phiéu.
S6 phiéu c6 cau tra 11 ding: 18 phiéu.

S6 phiéu c6 cau tra 16 sai: 17 phiéu. Trong do,
sO phiéu hiéu dugc nhung tinh sai két qua la 11
phiéu, s6 phiéu hiéu sai bai toan 1a 6 phiéu.

Sau khi gido vién day tu tuong tich phan, hoc
sinh da biét cach tinh gan dung dién tich bang cach
chia dién tich thanh cac hinh chir nhat. Sau do, cac
em sir dung quan diém giai tich dé tinh dién tich
cua cac hinh chit nhat. Sau day la Kkét qua thu dugc
tir cac phiéu lam bai cta ca nhan hoc sinh dugc thé
hién trong Bang 4.

Cau tra 1oi clia
hoc sinh

Tinh dwge dién tich
gin ding

Sai trong viéc tinh

Hiéu sai Tong

toan

Til¢ 18/35

11/35 6/35 35/35

Trong bai tap ca nhan cua HS, ching t6i nhan
thiy c6 29/35 hoc sinh cua 16p thuc nghiém hiéu
dugc viée tinh gan ding dién tich hinh cong bang
cach chia dién tich thanh 4 hinh chir nhat sau do
cong tat ca cac dién tich cia 4 hinh chit nhat lai
dugc dién tich gan dung ma dé bai yéu cau. Trong
do, c6 18 em cho Két qua chinh xéc, 11 em con lai
do k¥ ning tinh toan con han ché dan dén cho dap
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an khong ding. Bén canh do, c6 6/35 em HS khong
gidi dugc bai toan ching t61 dat ra. Nhan thay rang,
phan 16n cac em hiéu dugc tu tuéng phan hoach.

Qua tiét day thuc nghiém, hoc sinh hiéu duge
viéc tinh gan ding dién tich hinh cong bang cach
chia dién tich thanh 4 hinh chit nhat sau d6 cong tat
ca cac dién tich cua 4 hinh chit nhat lai dugc dién
tich gan dung ma d& bai yéu ciu.
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Bai lam minh hoa ctia hoc sinh 16p 11TN
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Qua tiét thur day, ching t6i danh gia duoc hoc
sinh biét tinh dién tich gan dung cua hinh thang
cong bang viéc tinh téng dién tich cua cac hinh chir
nhat va khi s hinh chit nhat tién ra vo tan thi gidi
han cua tong nay s& co gioi han 1a dién tich hinh
thang cong. Pong thoi, cac em biét dwoc ki hiéu
tich phan ham chtra nghia trong chir Sum (tong).
Cho thdy, hoc sinh c6 thé nim bat dugc tu tuong
chinh cua tich phan.

Qua tinh huéng tinh dién tich hinh cong, ching
t6i nhan thay da s6 hoc sinh biét cach chia nho hinh
cong thanh nhitng hinh vudng, hinh tam giac quen
thudc dé tinh gan dung. Nhu nhimg gi chiing t6i da
du kién & phan phan tich tién nghiém tinh hudng,
chung t6i nhan théy cac em déu thuc hién nhu
nhiing gi da du kién. Sau khi dwoc ching t6i hudng
dan cach tinh gin dung dién tich hinh thang cong
bang quy tic trung diém, hoc sinh da biét chuyén
tir bai toan hinh hoc sang bai toan giai tich dé giai.
Chimg to hoc sinh da hiéu dugc tu tuong tich phén.
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Chung t6i dua ra tinh huéng nhim lam cho hoc
sinh hiéu dwgc mot phan nghia cua tri thirc tich
phan. Lya chon quy tic trung diém dé day HS cach
tinh gan dung tich phan, chung t6i nhan thiy ring,
Hoc sinh tiép thu tu tuéng tich phan d& dang hon
so v&i dung cac diém dai dién & mdi doan 13 bién
trén hay bién dudi.
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